
PRE-CALCULUS      CH5 Final Review Notes 
 
GRAPHS OF LOG. FUNCTIONS:  REFLECTION of EXP. FUNCTIONS about LINE Y = X 
EXPONENTIAL   INVERSE   LOGARITHIM FUNCTION  
 Y = Ax   X = Ay   Y = LOG a X 
 Y = eX      Y = LN X 

Asymptote;      Asymptote;	 	
	

 
 
EXPONENTIAL FUNCTIONS 
Future Amt. = Present Amt (1 + r/n) nt  Future Amt. = (Present Amt) eRT 
Present Amt. = Future Amt (1 + r/n) –nt  Present Amt. = (Present Amt) e-RT 
   
PRACTICE 
SOLVING LOGARITHMIC EQUATIONS 
 

1.2 LOG 5 X = LOG 5 9      2. LOG 4 (X + 3) + LOG 4 (2 - X) = 1 
 
 
 
 
 
 
 
 
3. LOG X + LOG (X + 15) = 2 
 
 
 
 
 
 
 
 

y ≠ 0 x ≠ 0
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SUMMARY
Properties of Logarithms
In the list that follows, a > 0, a "* 1, and b > 0, b "* 1; also, M > 0 and N > O.
Definition y = log, x means x = aY
Properties of logarithms log, 1 = 0; log, a = 1

a1og"M= M; logaar = r
10ga(MN) = 10gaM + logaN

10ga( ~) = 10gaM - logaN

10ga(~) = -logaN

log, M' = r log, M
10gbM

Change-of-Base Formula log,M = -1--
ogba.....==~ ~ ~ ~ -=====--==-:::. ~ -=~--

FEATURE

Logarithms were invented about 1590 by
John Napier (1550-1617) and Joost Bi.irgi
(1552-1632), working independently.
Napier, whose work had the greater in-
fluence, was a Scottish lord, a secretive
man whose neighbors were inclined to be-
lieve him to be in league with the devil.

His approach to logarithms was very different from ours;
it was based on the relationship between arithmetic and
geometric sequences (see Chapter 12 on induction and
sequences) and not on the inverse function relationship
of logarithms to exponential functions (described in Sec-
tion 5.3). Napier's tables, published in 1614, listed what
would now be called natural logarithms of sines and were

John Napier
(1550-1617)

rather difficult to use. A London professor, Henry
Briggs, became interested in the tables and visited Napi-
er. In their conversations, they developed the idea of
common logarithms, which were published in 1617.Their
importance for calculation was immediately recognized,
and by 1650 they were being printed as far away as
China. They remained an important calculation tool
until the advent of the inexpensive handheld calculator
about 1972,which has decreased their calculational, but
not their theoretical, importance.

A side effect of the invention of logarithms was the
popularization of the decimal system of notation for real
numbers.

5.4 E X ERe I 5 E 5

In Problems 1-12, suppose that In 2 = a and In 3 = b. Use properties of logarithms to write each logarithm in terms of a and b.
1. In 6 2. In~ 3. In 1.5 4. In0.5

6. In(~)

10.ln~

5. 1n(2e)

9.ln~

7. In 12 8. In24

11. IOg23 12. IOg32

In Problems 13-28, write each expression as a sum and/or difference of logarithms. Express powers as factors.

13. IO&(U2V3) 14. IOg2(;2) 15. log ~3 16. log(10u2)

17. IOg5~ 18. IOg6( ;;) 19. In(x2~) 20. In(x~)

21. IOg2(~) 22. IOg5(~) 23. IOg[X(X + 2~] 24.IOg[X
3Vx+}]

X - 3 x-I (x + 3) (x - 2)



SOLVING EXPONENTIAL EQUATIONS 
Rewrite into same base, if possible….   Isolate AX  Then solve for X 
 
1. 4X - 2X – 12 = 0        2. (8) (3X) = 5 
 
 
 
 
 
 
 
 
2. 2X = 10        4. 5X – 2 = 33X + 2 
 
 
 
 
 
 
 
5. What is the difference over 20 YRS, between annual, quarterly and monthly compounding is the  
investment amount is 10,000 and the interest rate is 5% per annum?  What is their effective reate.  
Show all work. 

 
Annual Compounding   Quarterly Compounding   Monthly Compounding 
 
1. Future Value = ________ 2. Future Value =  __________   3. Future Value = _______ 

Effective Rate= _______     Effective Rate = ________     Effective Rate = ______ 
 
 
 
 

 
 
 
6. What is the future value of an $1000 investment at a 10% annual rate in a year based on continously 

compounding? 
 

 
 
 
 
 
7.  If you would like to save 5000 at a 10% annual rate over 5 years, how much would you have to deposit today  

into a sasvings account? 
 
 
 



EXPONENTIAL CONTINOUS GROWTH      A = A0 eRT         
 
BACTERIA GROWTH:    If the number of bacteria doubles in 3 hrs find the function that   

gives the number of cells in the culture. 
 
STEP 1:  SOLVE FOR RATE OF GROWTH; A = A0 eRT, if A = 2A0 after 3 hrs.  
2A0 = A0 eR(3)   
 
 
 
STEP 2:  USE RATE OF GROWTH TO PREDICT HOW LONG WILL IT TAKE FOR THE BACTERIA TO TRIPLE. 
 
 
 
 
______________________________________________________________________________________________ 
EXPONENTIAL DECAY:   A = A0 e –RT 
RADIOACTIVE DECAY:  All radioactive substanced has a spefic ‘half life’, which is the time required for half of 
the radioactive substance to decay.  When a living organism dies the amount of Carbon 14 begins to decay.  Carbon 
14 has a half life of 5600 years.   

 

 
 
STEP1: SOLVE FOR RATE OF DECAY;   A = A0 e –RT, if A = .5 A0 after 5600 yrs. 
.5 A0 = A0 e -R(5600)   

 
STEP2:  FIND TIME FOR THE STONE TOOLS TO HAVE 1.67% OF THE ORIGINAL CARBON 14    
A = .0167 A0   
 
PRACTICE: 

1.   
 
 
 
 

 2.  
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_ Estimating the Age of Ancient Tools

Traces of burned wood along with ancient stone tools in an archaeological dig
in Chile were found to contain approximately 1.67% of the original amount
of carbon 14.

(a) If the half-life of carbon 14 is 5600 years, approximately when was the
tree cut and burned?

(b) Using a graphing utility, graph the relation between the percentage of
carbon 14 remaining and time.

(c) Determine the time that elapses until half of the carbon 14 remains. This
answer should equal the half-life of carbon 14.

(d) Verify the answer found in part (a).

So Iuti 0 n (a) Using formula (3), the amount A of carbon 14 present at time t is

A(t) = Aoekt

where Ao is the original amount of carbon 14 present and k is a negative
number. We first seek the number k. To find it, we use the fact that after
5600 years half of the original amount of carbon 14 remains, so
A(5600) = ~Ao. Thus,

1- Ao = Aoek(5600)
2

1
5600k = In 2"

1 1
k = 5600 In 2" ~ -0.000124

Formula (3) therefore becomes
A(t) = Aoe-OOOO124t

If the amount A of carbon 14 now present is 1.67% of the original
amount, it follows that

0.0167 Ao = Aoe-{)·OOO124t

0.0167 = e-{)·OOO124t

Figure 41
1

-0.000124t = In 0.0167

1
t = -0.000124 In0.0167 ~ 33,000 years

The tree was cut and burned about 33,000 years ago. Some archaeolo-
gists use this conclusion to argue that humans lived in the Americas
33,000 years ago, much earlier than is generally accepted.

(b) Figure 41 shows the graph of y = e-OOOOI24x,where y is the fraction of
carbon 14 present and x is the time.

(c) By graphing Y1 = 0.5 and Y2 = e-OOOO124x,where x is time, and using
INTERSECT, we find that it takes 5590 years until half the carbon 14
remains.o~=========~40,000o
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EXPLORATION On the same viewing rectangle, graph Y1 = 500-{)03 and
1+24e·'

Y2 = 500 008 •What effect does b have on the logistic growth function?
1 + 24e-· I -

5.7 E X ERe I S E S

1. Growth of an Insect Population The size P of a certain
insect population at time 1 (in days) obeys the function
pet) = 500e0021.
(a) After how many days will the population reach 1000?
2000?
(b) Using a graphing utility, graph the relation between
P and I. Verify your answers in part (a) using
INTERSECT.

2. Growth of Bacteria The number N of bacteria present
in a culture at time t (in hours) obeys the function
N(t) = 1000eool'.
(a) After how many hours will the population equal
1500? 200D?
(b) Using a graphing utility, graph the relation between
Nand t. Verify your answers in part (a) using
INTERSECT.

3. Radioactive Decay Strontium 90 is a radioactive mate-
rial that decays according to the function ACt) 0;=

Aoe-{)·02441,where Ao is the initial amount present and A is
the amount present at time t (in years). What is the half-
life of strontium 90?

4. Radioactive Decay Iodine 131 is a radioactive material
that decays according to the function ACt) = Aoe-a.0871,
where Ao is the initial amount present and A is the
amount present at time t (in days). What is the half-life of
iodine 131?

5. (a) Use the information in Problem 3 to determine how
long it takes for 100 grams of strontium 90 to decay to
10 grams.
. (b) Graph the function ACt) = 100e-002441 and verify
your answer found in part (a).

6. (a) Use the information in Problem 4 to determine how
long it takes for 100 grams of iodine 131 to decay to
10 grams.
(b) Graph the function ACt) = 100e-{)0871and verify your
answer found in part (a).

7. Growth of a Colony of Mosquitoes The population of
a colony of mosquitoes obeys the law of uninhibited
growth. If there are 1000 mosquitoes initially and there
are 1800 after 1 day, what is the size of the colony after 3
days? How long is it until there are 10,000 mosquitoes?

8. Bacterial Growth A culture of bacteria obeys the law
of uninhibited growth. If 5.00bacteria are present initial-
ly and there are 800 after 1 hour, how many will be pre-

sent in the culture after 5 hours? How long is it until there
are 20,000 bacteria?

9. Population Growth The population of a southern city
follows the exponential law. If the population doubled in
size over an 18-month period and the current population
is 10,000, what will the population be 2 years from now?

10. Population Growth The population of a midwestern
city follows the exponential law. If the population de-
creased from 900,000 to 800,000 from 1993 to 1995,what
will the population be in 1997?

11. Radioactive Decay The half-life of radium is 1690years.
If 10 grams is present now, how much will be present in
50 years?

12. Radioactive Decay The half-life of radioactive potassi-
um is 1.3 billion years. If 10 grams is present now, how
much will be present in 100 years? In 1000 years?

13. Estimating the Age of a Tree A piece of charcoal is
found to contain 30% of the carbon 14 that it originally
had.
(a) When did the tree from which the charcoal came die?
Use 5600 years as the half-life of carbon 14.
(b) Using a graphing utility, graph the relation between
the percentage of carbon 14 remaining and time.
(c) Using INTERSECT, determine the time that elapses
until half of the carbon 14 remains.
(d) Verify the answer found in part (a).

14. Estimating the Age of a Fossil A fossilized leaf contains
70% of its normal amount of carbon 14.
(a) How old is the fossil?
(b) Using a graphing utility, graph the relation between
the percentage of carbon 14 remaining and time.
(c) Using INTERSECT, determine the time that elapses
until half of the carbon 14 remains.
(d) Verify the answer found in part (a).

15. Cooling Time of a Pizza A pizza baked at 450°F is re-
moved from the oven at 5:00 PM into a room that is a con-
stant 70°F.After 5 minutes, the pizza is at 300°F.
(a) At what time can you begin eating the pizza if you
want its temperature to be 135°F?
(b) Using a graphing utility, graph the relation between
temperature and time.
(c) Using INTERSECT, determine the time that needs to
elapse before the pizza is 160°F.
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